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Conti : Y3¥53 ⇒ F nontrivial p : it, CY )→ Suk )

Rurik : Suffices to consider prime #Hss
)
H
,

Proved for Seifert mflds ( Fintushel
- Stern)

{Toroid (lidman - Pinzon -Caicedo - Zentner ' 21 )
If I I* , holonomy perturbations , pillowcase

Them (Zentner ) : Y¥ ⇒ F nontrivial p : it, CY) →
SLC2,6 )

God : different proof of LPCZ ⇒ Zentner .



Framed.es#nt-onhomologyY3m
, I
#

(Y) : =
"

I
"

of I* ( Y# TDs ,

Def : a QHS
'
Y is an L-sp-o.ee if dim I

#
(Y) = / H, IY; E) l .

East : EHS Y net an L -space ⇒ 3 nontrivial p : it, CY )
→ SUK)

⇐ dim I
#CY) > I

Def : a splice of knots a EA. and p e B is a 3-mfld

Y= A -Ma) v BIN43)
4



Thm ( B -Sirek) : Let C be a splice of nontrivial knots x EA
-

and B E B in homology sphere L -spaces , where y identifies

meridians w/ Seifert longitudes .

Then dim I
#Cc ) 35

.

In particular, the IHS
' C is not an L -space .

Cer : Y
'
toroidal ⇒ 7 nontrivial pit, CY)→ SUK)

Pf : Assume Y a ZH ⇒ Y is splice of nontrivial
a e-A , p EB

in homology spheres , where
meridians are identified w/ longitudes .

F degree - l maps
Y→ A

,
Y→ B

.

So
,
can assume neither it, CA )

nor it
,
CB) admits nontrivial SUCH

- rep . ⇒ A
,B are L-spaces .

Y not an L -space ⇒
F nontrivial p : it, (4)→

SUCH a



Let C = A 'Nk ) up
B-Nlp)

,
a = 2% , 13=22,3

Let y e Te C be a curve of slope - l
K to

-'Ha) - Ap
l -

'

÷'t .r*
Coco ) I A. , # B. , ,

where Ai = Aik ) , Bi = Bi Cp )

C
, Cr ) = a splice S where y identitifies

the Seifert longitudes .

closed E =EauEp E S , g CE
) > 2



I → µCE ) : I
#GP

, eigenvalues in {2 -2g , 4-2g, . . . , 2g - 2}

Def : I
#

CSI : = direct sum of (generalized )

2g - 2 and 2 -2g eigenspaces of S
--
distinct since g>

2
.

Them CB -Sirek) :

dim I
#

CSI = 4. dim KHICA.a.gkD.dimkHICB.p.gl/3Dz4 .

-
-



I
#CC )→ I

#
CA

,#B,)
-9 I#Cs)

| fab µ g- surgery on pushoff of
I
#
(Ao#B) → I

#
(Ao#Be ,)¥eI#fAo#B

%

Chaim : im a n ITS)g = 0

Bottom row is I
#
(Ao) ④ (I

#

CB) →I
#

CB
. ,) → I

#
(Bo ))

112

bid are either in j or surj . Q

WLOG
,
can assume b is injective . Suppose d is injective

Say a C- I
#
IS} .

Then da Cx)) -
-

dcbcx)) to

But I#Csk E Ker c , since a compresses E , contradiction .



⇐ What about toroidal Y wHH,CHI > I
,

but small ?

Them ( Hanselman - Rasmussen-Watson) : Y toroidal and IH, (Y) ) -5

⇒ Y not a Heegaard Floor L -space .

If true for I
#

,
could prove )Cenj : l H , CY) la 5 ⇒ 3 irreducible pit, CY)→ SLC2

,
G)

for all but finitely many (known ) SFS Y .

If Y not an L -space ⇒ I irreducible p : it, CY)→ Suez)④


